Introduction
As Madhusūdana Sarasvatī (ca. 16th cent.) was both a scholar of the Advaita Vedānta school and a believer of Viṣṇu, he tried to integrate the Vaiṣṇava teachings with Advaita doctrine. In his Paramahaṃsapriyā (PP), he grounds the vyūha theory of the Pāñcarātrika, one of the Vaiṣṇava schools, in Advaita doctrine. Furthermore, from among the four forms of Viṣṇu 1) taught in the vyūha theory, he assigns Vāsudeva to brahman and Saṃkarṣaṇa to īśvara, that is conditioned brahman.
2)
On the other hand, in both the PP and his Bhagavadgītāgūḍhārthadīpikā (BhGGAD), a commentary on the Bhagavadgītā (BhG), 3) Madhusūdana also states that Kṛṣṇa is an avatāra (reincarnation) of Vāsudeva and identifies Kṛṣṇa with īśvara. Here the following problem arises: As it is said that both Saṃkarṣaṇa and Kṛṣṇa are transformations of Vāsudeva and īśvara, are they to be understood as the same deity or are there differences between them? In this paper, I clarify their relationship through a consideration of Madhusūdana's interpretation of Saṃkarṣaṇa and Kṛṣṇa.
The Interpretation of Īśvara in the Siddhāntabindu
Before considering Madhusūdana's interpretation of Saṃkarṣaṇa and Kṛṣṇa itself, it is necessary to first ascertain what kind of existence īśvara represents in Madhusūdana's Advaita doctrine. According to his Siddhāntabindu (SB), his interpretation of īśvara is comprised of the following three elements: 4) (1) the basic definition of īśvara: Īśvara is the ātman (i.e., caitanya or brahman) conditioned by ajñāna (i.e., avidyā or māyā), 5) which in turn consists of three properties (i.e., sattva, rajas, and tamas); 6) mentioned in (2), īśvara appears as the infinite avatāras to bestow grace upon the devotees.
8)

Madhusūdana's Interpretation of Saṃkarṣaṇa
I will now consider Madhusūdana's interpretation of Saṃkarṣaṇa. In the PP, Madhusūdana makes the following points concerning Saṃkarṣaṇa: Saṃkarṣaṇa is the pure caitanya conditioned by avyākṛta, the nature of māyā.
9)
And this māyā is said to consist of three properties in both the PP and the SB.
10)
Thus Madhusūdana considers Saṃkarṣaṇa as the pure caitanya conditioned by māyā, which in turn consists of three properties. This corresponds to the basic definition of īśvara given above as the first of the three constituents of Madhusūdana's interpretation of īśvara in the context of his Advaita doctrine. Therefore, for Madhusūdana, Saṃkarṣaṇa is equivalent to īśvara.
Moreover, in the Īśvarapratipattiprakāśa (ĪPP) attributed to Madhusūdana, Saṃkarṣaṇa is said to take the three forms of Viṣṇu, Brahmā, and Śiva. It is stated that Saṃkarṣaṇa takes the form of the above three deities according to the three properties of his limiting condition.
11)
This corresponds to the trimūrtivāda as the second of the three constituents of the interpretation of īśvara in Madhusūdana's Advaita doctrine.
Consequently, we can conclude that for Madhusūdana Saṃkarṣaṇa is īśvara in so far as he fulfills both the basic definition of īśvara and the trimūrtivāda as outlined in the three constituents of the interpretation of īśvara in Madhusūdana's Advaita doctrine.
Madhusūdana's Interpretation of Kṛṣṇa
I will now turn to a consideration of Madhusūdana's interpretation of Kṛṣṇa. There being no explanation given in the PP concerning the relationship of īśvara to Kṛṣṇa in Madhusūdana's Advaita doctrine, I will focus on the BhGGAD
12)
on BhG 4.6, in which this relationship is discussed.
Not only can we confirm that Kṛṣṇa is īśvara in BhG 4.6,
13)
the BhGGAD mentions that Kṛṣṇa has māyā as his limiting condition.
14)
Furthermore, māyā is said to consist of three properties in both the BhG and the BhGGAD.
15)
Kṛṣṇa therefore meets the basic definition of īśvara given in the three constituents of the interpretation of īśvara in Madhusūdana's Advaita doctrine.
Next, the BhGGAD explains how Kṛṣṇa as īśvara comes into being on earth as follows:
Māyā is a non-conscious, inactive existence into which īśvara as conscious, active existence is projected. In this manner, īśvara gives activity to māyā, governing it.
16)
Moreover, īśvara through a particular alteration, i.e., a particular body 17) caused by māyā, appears to acquire a body even though he does not actually possess one and appears to arise in the world even though he is not actually being born.
18)
In this manner, īśvara appears as if having a body and as if being born.
On the orther hand, the BhGGAD stated that the body of īśvara does not consist of elements.
19)
Thus arises the problem of what kind of body īśvara appears to be provided with, that is to say, how the cognition that Kṛṣṇa is a human beings and so forth comes about. Madhusūdana's answer to this difficulty is as follows: The cognition that Kṛṣṇa is a human and so forth arises from the confusions of the people. It is denied that Kṛṣṇa has the same alteration of māyā as actual human beings do, i.e., a body consisting of elements. Kṛṣṇa merely appears by means of māyā as if he were a human being in order to bring grace to the people.
20)
And this implies that Kṛṣṇa fulfills the condition of the avatāravāda, the third of the three constituents of the interpretation of īśvara in Advaita doctrine.
Accordingly, Kṛṣṇa could be understood as īśvara in so far as he fulfills the first (i.e., the basic definition of īśvara) and third (i.e., the avatāravāda) constituents of the threefold interpretation of īśvara.
The Difference between Saṃkarṣaṇa and Kṛṣṇa
The above makes it clear that both Saṃkarṣaṇa and Kṛṣṇa fulfill the basic definition of īśvara. And since there is only one īśvara in the world, it could be said that they are the same existence.
However, while Saṃkarṣaṇa has the trimūrtivāda as his specific constituent, Kṛṣṇa has the avatāravāda. Because of this, it is likely that Madhusūdana differentiated Saṃkarṣaṇa from Kṛṣṇa. Now, what is the difference between them? I would like to raise the following two points.
The first difference between them concerns their respective roles. The role of īśvara in the trimūrtivāda is to preside over all of creation, its sustainment and its destruction according to the differences of the three properties. On the other hand, the role of īśvara in the avatāravāda is to bring grace to the people or the devotees.
The second difference is due to the relationship between īśvara and the people. Īśvara in the avatāravāda appears as if he were a human being and so forth, contacting the people directly.
21)
On the other hand, since īśvara in the trimūrtivāda neither has the body consisting of elements nor appears as if he were a human beings, he does not contact the people directly.
Conclusion
In conclusion, it can be said that Madhusūdana distinguished the same deity into the two separate deities Saṃkarṣaṇa and Kṛṣṇa according to their respective roles and discussed them in their respective contexts.
22)
Conversely, it could be suggested that the three constituents of īśvara found in the SB 5）In the later Advaita school, ajñāna is commonly understood as consisting of three properties.
Additionally, in Madhusūdana's works ajñāna, avidyā, and māyā are synonymous. 21）"Contacting the people directly" means that for example, living things see īśvara as an avatāra with the naked eye or are blessed by direct grace.
22）"In their respective contexts" means "in the context of the vyūhavāda" and "in the context of the avatāravāda." These two contexts are also those involved in ascetic training and soteriology. I think that for Madhusūdana there is a difference also in terms of ascetic training and soteriology between Saṃkarṣaṇa and Kṛṣṇa. However, as this paper does not deal with the relevant sections, I
want to discuss this issue on another occasion. 
